Abstract. In this note we give the form of cocycles of disjoint and continuous iteration semigroups on the unit circle.
Introduction and preliminaries
Let X be a topological space and Y be an abelian group with multiplicative operation which, for short, is not written explicitely.
Recall that a family {F l : X -> X, t € (0, oo)} (respectively, t € R) of homeomorphisms such that o F u = F t+U , t,u<E (0, oo) (respectively, t, u € M)
is called an iteration semigroup (respectively, group) on X. An iteration semigroup (respectively, group) is said to be disjoint if every its element either is the identity mapping or has no fixed point. A complete description of disjoint iteration groups on the unit circle S 1 was given in [1] and [2] , An iteration semigroup (respectively, group) is called continuous if for every x e X the mapping (0, oo) 3 t i-> F t (x) € X (respectively, R 3 t) is continuous. Continuous iteration groups on S 1 have been studied in [4] . Regarding disjoint and continuous iteration semigroups on the circle we have the following 
Given a continuous iteration semigroup {F 1 : X -> X, t 6 (0, oo)} we consider solutions H : (0, oo) x X -> Y of the functional equation ( 
1) H(s + t, z) = H(s, z)H(t, F s (z)), s,t>0,zeX.
In the case where the group Y is topological such a solution H is called a cocycle of the iteration semigroup {F 4 : X -> X, t G (0, oo)} if for every t G (0, oo) the function X 3 x \-> H(t, x) € Y is continuous.
In [3] the authors have found all solutions of (1) under the assumption that X is a closed interval contained in [-oo, oo]. The aim of this paper is to solve equation (1) in the case where X = S 1 and the continuous iteration semigroup {F* : S 1 -> S 1 , t G (0, oo)} is disjoint.
Main results
Let us first observe that, according to the below remark, studying solutions of equation (1) we can reduce the problem to the situation where the iteration semigroup is of the form We can now formulate our main result. 
